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1. Introduction:
      In 1963, N. Levine introduced the concept of semi-open set by defining a subset 
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 of a topological space 
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 to be semi-open if there exists an open set 
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 in 
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 such that 
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 and 
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 is contained in the closure of 
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 in 
[image: image9.wmf]X

. He proved that a set 
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in a topological space 
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 is semi-open if and only if 
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is contained in the closure of the interior of 
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in 
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. 
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 will denote the class of all semi-open sets in a topological space 
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. We note that every open set in a topological space 
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 is a semi-open set but clearly a semi-open set may not be an
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open set in 
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. A point 
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 is said to be a semi-interior point of 
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if and only if there exists 
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is said to be the semi-interior of 
[image: image24.wmf]A

 and is denoted be 
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. The complement of an semi-open set is called semi-closed. The intersection of all semi-closed sets containing 
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 is called the semi-closure of 
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, denoted by 
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 see[5]. Recently [1] and [2] defined the notion of strongly irresolute topological vector space (ITVSs) and investigated its properties. The purpose of the present paper is to continue to explore further properties, characteristics of semi-Hausdorff. The paper show that the extreme points of convex subset of irresolute topological vector space (ITVSs) lies on the boundary.

2. Preliminaries:
      Throughout this paper, 
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Definition 2.1 [2]: Let 
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be a topology on a real vector space
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 such that

(a) The addition map 
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      are both irresolute, then the pair 
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 is called an irresolute- topological vector space (ITVS). 
      If the addition map 
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 is s-continuous, instead of irresolute, then 
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is called strongly- irresolute topological vector space (SITVS).

      Note that every SITVS is an ITVS, but the converse, in general, is not true see [1, 2]. A subset 
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Theorem 2.1 [1] Let 
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      A subset 
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 of a vector space 
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 is called balanced if 
[image: image85.wmf]A

A

Í

a

 for 
[image: image86.wmf]1

£

a

 and absorbing if for every 
[image: image87.wmf]X

x

Î

there exists 
[image: image88.wmf]0

>

e

such that 
[image: image89.wmf]A

x

Î

a

 for 
[image: image90.wmf]e

a

£

. It is called absolutely convex if it is both convex and balanced.

Theorem 2.2 [1] Let 
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Theorem 2.3 [1] Let 
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Theorem 2.4 [1 ] Let 
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Definition 2.2 [2] An ITVS 
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Main Results:
3. Semi-Hausdorff SITVS: 
      A topological space X is called semi-Hausdorff [9], if for each two distinct points x and y in X, there exist disjoint sets 
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The following result provides a characterization for semi-Hausdorff of SITVS.

Theorem 3.1 Let X be SITVS. The following are equivalent.

(a) X is semi-Hausdorff.
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Proof: By continuity of translation, it is sufficient to prove the equivalence between (a) and (b) only.
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The following result follows from Theorem 3.1.

Corollary 3.1 Let X be SITVS. The following are equivalent 

(a) X is semi-Hausdorff.
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Theorem 3.2 A SITVS X is semi-Hausdorff if and only if every one-point set in X is semi-closed.
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 By part (b) of Theorem 2.4, there exists semi-closed and balanced 
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      Since translation is semi-homeomorphism, and as a consequence of Theorem 3.2, we have the following 

Corollary 3.2 A SITVS X is semi-Hausdorff if and only if 
[image: image174.wmf]}

0

{

 is semi-closed.
      A space 
[image: image175.wmf]X

is said to be semi compact if every cover of 
[image: image176.wmf]X

by semi open sets has a finite cover.

Theorem 3.3 Let C, K be disjoint sets in a SITVS X with C semi-closed, K semi-compact. Then there exists 
[image: image177.wmf])

(

0

X

N

U

Î

 with 
[image: image178.wmf]f

=

+

Ç

+

)

(

)

(

U

C

U

K

.
Proof: If 
[image: image179.wmf]f

=

K

, there is nothing to prove. Otherwise, let 
[image: image180.wmf]K

x

Î

 by the invariance with translation, we can assume 
[image: image181.wmf]0

=

x

. Then 
[image: image182.wmf]C

X

-

is an semi-open set of 
[image: image183.wmf]0

. Since addition is irresolute and s-continuous, by 
[image: image184.wmf]0

0

0

0

+

+

=

, there is a neigborhood 
[image: image185.wmf]U

 and hence 
[image: image186.wmf])

(

0

X

N

U

Î

such that 
[image: image187.wmf]C

X

U

U

U

U

-

Ì

+

+

=

3

. By defining 
[image: image188.wmf]U

U

U

U

Ì

-

Ç

=

)

(

~

 we have that 
[image: image189.wmf]U

~

is open, and hence 
semi-open symmetric and 
[image: image190.wmf]C

X

U

U

U

U

-

Ì

+

+

=

~

~

~

~

3

. This means that 
[image: image191.wmf])

~

(

~

}

~

,

,

{

}

~

,

2

{

}

~

,

3

{

U

C

U

U

x

C

y

x

y

U

x

x

C

U

x

x

+

Ç

É

Î

Î

-

Ç

Î

=

Ç

Î

=

f

. This concludes the proof for a single point.

      Since K is semi-compact, then repeating the above argument for all 
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Lemma 3.1 [6] let 
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Corollary 3.3. Let C, K be disjoint sets in a SITVS X with C semi-closed, K semi-compact. Then there exists 
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Corollary 3.4 A SITVS X is semi-Hausdorff space.
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ملخص


      في هذا البحث قمنا بدراسة خصائص الفضاءات التبولوجية المتجهة المترددة التامة، وتم إعطاء وصف للفضاءات الشبه هوازدرف (Semi-Hausdorff) واثبات أنّ القيم القصوى للمجموعات المحدبة تقع على المحيط في الفضاءات التبولوجية المتجهة المترددة التامة.


Abstract


      In this paper we obtain several characteristics of semi-Hausdorff of strongly irresolute topological spaces and show that the extreme point of convex subset of strongly irresolute topological spaces � EMBED Equation.DSMT4  ���lies on the boundary.


Keyword: topological vector spaces, irresolute topological vector spaces, strongly irresolute topological vector spaces, semi- Hausdorff and extreme points.
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